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PNPNON DY NNNNN NN NDIDNN MINPNON NN INSI ,JD ON

2x-1Y’ X +3 1
f(x):[ZHJ (10 y=o7 @ FX)=g= @
X+2
.f(x):m o (11

1WINN RO NP OND
JPNPNAN DY NNNNN NN INYND
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-X x<0
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90 MAIVH
3 3X+3 x>-1 Q2 B X—2 X>2 a
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0% h(x) =k(X)z(x) 2 Mmyv
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.[-2,0) YOP2 h DN INSD N
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F(x)=x%, g(x) == x| : R 929y MmN nvspna mnm (7
2(x) = f(g(x)) DPNOMIN IR IPT X
k() =g(f(x)) DPavMmHn NPT 2

moN h(x) =3/ (x) —g(-x) ONNIPTL )
:2+NR DYDY NN
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G/WL NP OY M - NRNN NITIN

Xy ITIPI MV NVIPNS f,g:R >R NN (27
.xeR 939 h(x) =max{f(x),g(x)} PN
XmA MM h N, F (%) # g(%,) DRV ININ

RAamam ospns fonn (28
.f'(0)=0w,0-2 0PN f DN INOM
MY OXD3T XNV NING  NIYN

LT Oy) = (X)) + f(y) m»pnn f:(0,0) > R 8PN NN (29
X,y €(0,0) 999
X=1 TP nyn f oo npm

.f&]: F(X) = F(y)-) (1) =0 I .N

f'@
.f'(x)z% ,X>0 990wy, N f DN A

NHMPHRN NP TINPNS T 33 NIy (30

f[x+yj: fO)+ f(y)
L2 2

JOIRDY NN f -w N

: DYNAN DOYON DY Ny (31
: NN MIYOLN DN NN N
f (XO +an)_ f(Xo)

n

f'(x,) = lim N, XA PN f N
n—oo
.a, >0 MTO Y35
@ =1, %=1 nTPranvumspnd f:R->RoONn A
N, ke N DXYININ

.rlirgn[(f(l+%)+ f(L+2)+..+ f(1+§))—k]:@f’(l)

n—o0

1 2 10
dim n{e” +e"+..4+en —10} 990 INAVYN )
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: DYNAN DOYON DY NY (32

NPT NONPNOY NN .N

1 X
.DPN YA NPV NRD D(x) = {0 y Zg

X=1NT2 P 1 f(X) = (x—=1)2D(X) MPEPNONVININ .2

X 999 [£(x)| < x? p»pn f(x) 8PN (33
X =0-2 7N MIPNINY NN

X 999 [f(x)|<sin®x no»pn f(x) MNPNa (34
MY MTIPI NDINA NI DINPNONY NN

X" NPV PNPNS f NN (35
f(x,+h)—f(x,—h)
2h
,OMP R PYDANDNY IMNI, f N9INT TPXPNS OW NHNT NN .2

OPP IR (%) TN

(X)) = ng D INMOIN N

_f(x,—2h)—f 3h
im (% )h 0+ )bmn X (%) MYNHNIWIAN )
- X, =2 DY NP TINPNS f NN (36
£7(x,) = lim 0% +h)‘2fh(zxo)+ =M 5 ymin

,OMP R PYDA NIV ININD, f IXPNIOY NHONT NN A
OPP IR (%) TN

JOV9D 59 KWNN N0 INK PN PYD NN TN : NIYD

.Z(X) = (x—a) f(x) PYTN PPN PN, x=a NTIPIA NN f(x) D M (37
: 129970 IN NN
LX=a NP NP z(x) MSPN N

X=a-2n98y z'(x) .a
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OO MIvn

f'(x)=4cos4x (3 f(X)=—(X+1)2 (2 f'(x)=2x+4 (1
10 —— f(x)== (5 f(x)=e @
2Jx+10 X
4 (9 2 (8 144 (7
TIPIOOIN PIYN O . X =1 NTIPIANPIND .2 L X 999 NoXNY N (10
n>2.1 n>1.8 (11
n>1.2a n>1.8 (12
e .1 1 N (13
4

NN NONY (14

.INDN NORY (15

f =0 .nN21 NORY (16

.1'0)=0 :0»pnm, x=0-2 P NP PIPNON (17

'@ =0 :0”pnm, x=1-2 P71 NP PIPNON (18
5sin*xcosx 2nzr<x<(2n+1)x

X==n . f'(x)= 0 X=nr N (19
—5sin* xcosx 2n+Dz<x<(2n+2)x

.IN2YN NORY (20
NN NORY (21
NN NORY (22
NN NONRY (23
NN NORY (24
NN NORY (25
NN NORY (26
NN NORY (27
NN NORY (28
NN NORY (29
.IN2YN NORY (30
55 DN NORY .2 .INDN NONRY N (31
NN NONRY (32
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.NOYN NONRY (33
.NOYN NORY (34

—5f'(%) f(x)=|x| .2 NN NONY . X (35
-1 x<0

f(x)=sgn(x)=40 x=0 .2 NN NORY . N (36
1 x>0

.NOYN NONRY (37
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NPTTX-THh NINTA

MHNY

NOW 29NN NMITIPIA NOXON PXPND DY M) NPYTAD MNY DIVT >NV IIND (1
(PPN NNON NASNNN NAY NTIPI)
X*+8x x>2

TN MOV ONY OXTI2 MDY f(x)=1 TINPNN IVWNNYN
X" +12 x<2

9N MVIVN NNN D52 WHNWND ¥ YNN 171010 ,90N02

2INANY TIT 992 ,109THN DINN2 NN M) DX IPTL 9-2 MONWA
PSPNONN NNX DI DY NITHN NIAY DNON MY 90N

x> —5x x>2 X% —4x X>2
f(x)= (3 f(x)= (2
(%) {x3—14 X< 2 (%) {x3—14 X<2
In(1+2x) -05<x<0 X2 +8Xx  x>2
f(x)= 2( ) (s f(x)=1", e
X"+ 2X x>0 x> +12 X<2
f(x)=3x*+x|x+1 (7 f(x)=2+4x-1 (6
2 1 1
f(x): X smx x>0 © f(x): xsmx x>0 @
0 Xx<0 0 Xx<0

X =0 NTIPI2 OMNHYI NP § NORWN MINPNIN ONNIPTA (10

Ix+1 x>-1

f(x)= 8PN NN (11
1
—+a x<-1
X

1x=—1 NTIPIA NN FPIPNAN a NAPN SV TIY NHON NIY .N
DRN NN NITIN 29 5Y IPT /N PYDI NYDPY a-nN Ty Ny .2

X ==1 DMPI12 NI NN MIPNON
T NP PEYVN DMP ONN

VMY 552 WNHNYND MOON DN Nt PIoa *
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NTIPIA NI NNIN TPXPNN b -1 a DWNIAPN DY DI IR NIY INND (12
In*x O<x<e
f(x) :{ 9900
ax+b x>e
NIINN NIY NNON MY ,IONX DI NIY

NTIPIA NI NNIN PXPNON b -1 a OOWIAPN DY DIV ION NI NS (13
e 0<x<1
f(x)= :990N
ax+b x>1

NIINN MY NNON MY ,IONX DY N1AY

, 1
x“sin—+4x x<0
BOE X :TPNPNON NN (14

pX+q x>0
(NN TOPSPNON g =) P OOWIAPN DY DY IPN NIAY Wap
1D NN N

() =[x* =x* +sin(10x) -1 :P¥PNON MY, f'(0) NN 2WN (15

:TPNPNON NN (16
0 XxeQ

2UNN X 930 NPT RD INPNINY ININ

.f(x):{ |coszx| xeQ

(B5wun 799n) NN

;AN DITHN DHWN 70000 DR X OWNN 1901 939 1tnn [X] oDwn 7Ivn nospng
4.1 =4, [-4.1]=-5 :5vnd .(NVn 355 NYIYN) X -9 NV X OPY

L F () =[X]-[-x] P8pNnoan NN (17
(X)) NOHIvN

T (X) =[x]sin(zx) MP8PNON NN (18
Annra Yy f(x) NNHIAIYN

£ (¥) =[x](1-cos(zx)) 8PN NN (19
Cf(%) PNOHVN
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X 999 | (X)|<x* nvpnn mypna non f orw NN (20
x=0-217Pn f X

X, =0-2 1987 NPNd f NN (21
.f(0)=0 DX PN ON X, =0-2 1™ z(x) = |x| f (X) M¥PNAN 73 IO

X, € R DW NNDN 122202 MITINN NPSPNI NV g-) f v (22
£ 122797 N NN
1 f_l(xo) = g;(Xo)'] f(xo) = g(xo) ON .N
f(x) x<x,

YO HY NYTIND , 2 TPXPNON TN
g(x) x=x,

X -2 W, 2(X) :{

yR-277P0D g:R>RA x,-20PNN f:R>R OX .2
RV MIPN go fIN

DV NNDN N2>202 MYTIN f MNP X, -2 PN NP g DX )
Xom2 P P fog N, g(X,) -2 PN NI g(X,)

.DXYON P WP PN NN

LR TImMN NRSpNs g-y o nnn (23
X>Y 9991 , R -2 19X 78PN NN g -Y )N
. fFOO-f(y) _ g(“ yj D»PIMD
X—Yy 2
CF(X) =g(x) DYpnnoOvNn x Do5WY,R-2 0P f ) nomn

1_—X Xx>1

=1 X PNPNON NN (24
%—arctanx x<1

WY MY NPT X
F7H(X) INOINSD L) ON.ANITHIN DINNA 19N f DNNIPTA .2
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OO MIvn

fI(X):{Zx+8 X>2 1

3x° X< 2

2x—-4 X>2
f'(x)= 2
() {3x2 X<2 (

2Xx-5 X>2
f'(x)= 3
(x) {3X2 X<2 ¢
f() 2X+8 X>2 @

X)=

3x2 X< 2

2 -05<x<0
f'(x)=11+2x ' (5

2X+2 x>0
f'(x)=4(x>1) , f'(x)=-4(x<1) (6
f'(x)=8x(x=0) , f'(x)=4x(x<0) (7

sini—lcosl x>0
f(x)=5""x x x (8
0 x<0
1 1
2XSin——Ccos— x>0
f(x)= X X )
0 Xx<0

.x=0 NTPI2 O»NYa NP XY (10

POVN OYPRY .NPIIND A a=1.N (11
§In2x O<x<e
f'(x)= ;‘ a=3/e b=-2 (12
- X=e
€

a=e b=0 (13

q=0,p=4.2 q=0.x (14
-10 (15
NN NORY (16

0 XegZ
f'(x)= 17
() {undefined xeZ ¢
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£1(x) = [X]COS-(ﬂX)ﬂ X¢&Z (18
undefined xeZ
[x]sin;zx XeZ
f'(x)=<0 xeZ, xeven (19

undefined XxeZ, x odd

WWW.G00L.co.il 9nNY 103971 23-20 MYNY S IRTINA DONYN NININY

i -1<x<0

X+1

f(x)= u} X #1930 NP X D30 NN N (24
T 3z

tan| ——x | O<x<—

(4 j 4
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5P19 GWL TPNPNA DY NI IWON

NN 2221 2N

MHNY

:(NMNIYNRIN NITON NN P IRYN 35-27 MONYI) NININ NPXPNON NN DINYI 1IN

2x° X’ —5X+6 X2 +2X+4

f(X)=—— (3 = =
o (x+1)? ( ) 2x+10 (2 ) 2X ‘4
f(X)_(X_HJS (6 f(x)—x—3 (5 f(x)= : 4

x-1 (X+1)? Cx2—4

In x In x

=X- f =— (8 A
f(x)=x-Inx (9 (X) X ( f (X) . (7
f(x)=In*x+2Inx-32 (12 f(x)=In lzi (11 f(x)=x*-Inx (10

—X
S S 2 1

F(x)=(x+2)-e* (15 f=e (14 FO)=In"x+oo (13
f)=x2-1 (18 f)=x @7 f(x)=x-e2° (16
f (x) =cos(x*) (21 f(x) =sin(x®) (20 f()=IEA-x) (19
f(x)=In(cosx*) (24 f(x) =tan(x*) (23 f(x)=sin*x (22

f(x):(x+1)3inx (27 f (x) =arctan(x*) (26 f (x) =arcsin(2x+3) (25

y=x"* (30 f(x)=(cosx)"™ (29 f(x):(sinx)X (28

L
y=(\/§+;] (33 y=x" (32 y=¥x (31
y=(x+1)"" (35 y=(x+1) (34

APNWA MAXD XD NN 1ITT ONY 1N 29-) 28 MONYA 1 YN
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N0 MY
f'(x):%, f"(x)z% (1
f,(x)zzx(;;ic;é)—zesz’ f"(X):(zxélj-lfof 2
F00=5 s 0= 0
f'(x) =% f"(x) =—4Xé)((f)f4+)32 D
f'(X)=X(2X()J(rI)§), f(x) = (xi);)“ (5
t =S 191200 e
fip0 Lo Iznx, g 2nx=3
=2 -0 @
F(x) = Inx+1 f"(x)=% 9
£ () =x2Inx+1), f'(x)=2Inx+3 (10
f(x)_2(2_ 5 f"(x)=ﬁ (11
f'(x)=§(|nx+1), £ = 2% (1
f00 =2 {uzx)“) 1} ()= {(Inx) —(I(rllnxz()—(lnx) 3} (13
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~~

14

f '(X) = e% .(_izj, f "(X) :e% (1"‘42Xj
X X

f'(x)=ex(x2_—’2‘_2} f"(x):ex(5xj J (15
X X

fi(x)=e2¥ (1-4x2), f"(x)=—-4xe ¥ (3-4x2) (16

2
f'(X)=——=, T"(X)=- 17
M
1
—=x?*_1
v 2X vy 2 3"

=3 (X —1)? =3 %™ 18

oy 2—OX " =_g‘1+5x
f (X)_ 33/; ’ f (X) 9 3X4 (19

f'(x) =cos(x®)-3x?, f"(x)=-9x"sin(x®)+6x-cos(x’) (20
f'(x) =—sin(x*)-4x%, f"(x) =-16x°cos(x*)—12x*-sin(x*) (21

f'(x) =3sin® x-cosx, f"(x)=6sinxcos*x—3sin®x (22

1(x) = 2X f,,(X)_2-c052(x2)—8x2cos(xz)sin(xz) (23
" cos?(x?) - cos” (x?)
f'(x) =tan(x*)-(-2x), f"(x)= %?;)—Ztan(xz) (24
e PR S S e S CS ) Y
1-(2x+3)’ (1-(2x+3)")
2X 2-6x"
F(X) =~ (X = - (26
) 1+x* (x) (1+x4)

f'(x)= xSinX(cosx-ln(x +1)+ﬂj (27
X+1
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f(x) = (sin x)* (In(sin x) + cot x-x) (28
. nx ( In(cos x)
f'(x)=(cosx) | ——=—tanx-Inx | (29
X
ynlenx(mj (30
X
1,
y'=x* (1-Inx) (31
y':i.xﬁ(ln_x 1| (32
X 2
&
y':(\/;+lj 1 -|n[\/§+1j+ L [—1 —izj JIx | (33
X 2\& X 1(2Jx X
X+=
X

'=(x?+1)| 1-In(x? +1)+ 2x-x | (34

y=(e2) (1) et 2eex]
y':(x+1)(”l)[ln(x+1)+1] (35
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oM a? 0avil 02N

MHNY

APIN NIPND DY NIMN

: INAN NPIPNON NRID (1

f(x)=x* f(x)=x" .2 f(x)=x N
f(x)=x* f(x)=x* .n f(x)=x" .7
f(x):x% 0 f(X):X% N f(x):x% R

PPN D195 MAP HY NN

:NINAN NPXPNON NN (2

f(x):%x4 2 f(x)=3x" .2 f(x)=2x> .N
6
f(x)=3x2 f(x)=8x .n f(x)=X7 1
2 . 4
3 =
f(x):% v f(x)=6x2 .n Fx)=
Map Y NN
: TININ NPIPNI IR M (3
f(x):% a f(x)=12 N
Y991 9190 YV NN
:TINAN NVPIPNON IR (4
3
f(x):1x4_x_+3_x_g a f(x)=x"+2x*-3x+5 .N
4 6 4 5
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N2 NPIN DIEPND HY NN

:TINAN NVPIPNIN DRI (5

f(x)=3(x-x) f(x)=(x+6) a2  f(x)=(5x-2) N
f(x):z(xgl) n f(x):—(5_4x)

DPIN SPIN TN Y NN

:NMINAN NVPIPNON NN (6

3 1 2 3
f(x)—F T f(x)—? 2 f(x)—; A f(x)_; N
6 2 1
f(x)=—— . f(x)=— . f(x)= .
() x<5 () 3—x () 7 ax
12991 HY NHIIN
:MINAN NVPIPNON NN (7
f(x)=(5x+1)(x-3) .N
f(x):(5x+1)3(x—3) al
f(x):x3(6—x)4 2
DM SV NN
: INAD NPIPNIN NI (8
x* -1 x? +1 3x-1
f(x)= . f(x)= A f(x)= N
(%) 213 A (x) 5x—12 () 1+2x
3 1 x*+8
f(X)=F ) f(X)=; N f(X)= w1 T
UMY Y NN
:NINAN NVPIPNON NN (9
f(x)=vx’-1 f(x)=4vx+1 .2 f(x)=vx N
f(x):XLg ) f(X)=xVx+3 .n f(x)=(3x+1)Vx .7
Jx
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il GUUL
N MAIVN
(1
fr(x)=2x . f'(x)=7x" .2 f'(x)=3x> .N
fx)=-2% F1(x)=3x* .7 Fr(x)=1 .7
3 1 , 1 , 1
f (X)=ZX4 v f (X)—N N f (X)—m Iy
(2
fr(x)=2x> f'(x)=21x"> .2 f'(x)=6x* .N
f (x):—% ) f'(x)=8 .n f'(x):67x5 T
2 3 4
- ) f - )= &
f'(x) T 5) (x) 7 n f'(x) 2 3
0. 0.8 (3
f'(x):x3—x—22+% A f'(x)=3x*+4x-3 .X (4
f'(x):15x2(x3+6)4 A f (x):15(5x—x)2 N (5
3
f (x):8(X;1) n f (x):—%(S—x)2 T f (x)=6(x—x2)(1—2x) 2
f (x)=_% 1 f'(x):—xi 2 f'(x)=% a f'(x)=—% N (6
6 2 2X—3
f'(x)=- > 3 "(X)= > f'(X)=———= .N
( ) (X+3) ( ) (3—X) ( ) (XZ_BX) /
f'(x):(5x+1)2(20x—44) il f'(x)=10x-14 .X (7
f '(x):x2(6—x)3(18—7x) 2
8x 5x? —24x -5 5
£(x)= Yy ()= 0 f(x)= - N (8
G v S B O v
(x)=2 1 ()= X)X +2)
f'(x)= - ) f'(x) 2 N f'(x)= (x—1)2 T
3x? 2 1
'(X) = . fr(X)= e fr(x)=—= .N (9
f(x)zxs_l) (x)m:l (x) 2\/;N(
X—3 x(5x+12) , 9x+1
fr(x)= : fr(x)=— 2l fr(x)=—"7— .
( ) 2x\/; ! (X) 2Ux+3 " (X) 2\/; T
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NN NN

MHNY

X4y —1=1 NMINDN MIPNAN AR (1
.4Inx+10Iny = y* NOINDN PSP NN (2

Xy =xy ImINoN MYPNan NN (3

LV X2y =sin(y — 2X) + 4y +1 NN NVINDN PYPNON MY (4
(1,2) nmpraa y' nxavn

JAX+y? +c0s%(xy) = In(X*y +1) + Ine® NNAN NMINDN PN M (S
.y=07121NTP1 y' NNIIWYN

X —=xy =10 NOINDN ISPNIN NN (6
XY=y =1 NPINoN DINPNAN RN (7

Xy =Y+ X2 =x=0 NOIND XPNI NN (8
LYy=1Panmpia y" 7oy NN IRNND

Cyx2+eY =X IMNNVHY 0WPY P (9
AMIN IR TAN TN Y TW OPP Xx=1 NIV NN .N

X=1Panmpia y" nxkMwn A

J(y)—x+1=2x +4e” + 2y NNV D P (10
X DV NMIND TINPND Y = y(X) DN DPTN
DT MDY NP h(y) 22 )
PN DTV y(X) 22NN
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NOYD Mvn

—2X
5y*—1%0, "= 1
y V=51 (
10 a
—-2y=#0, y'=10 (2
y
-1 2y
\/;?&Ol \/;?&11 'z\/y : (3
y 2% 1-x
, 14
y(l,Z)Z_H 4
y'(1,0):1 (5
y_xy.z
x - Inx—x=0, y'=—-%X (6
X’ Inx—=x

X —xyl+yx-|ny
X Inx—y*-=%0, y'= X —
y X Inx—y*-=

<

-1 (8
. 9
Yy wo) = —g A (9

.DNOYN NONRY (10
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navavn 222
MYNY
.£'(4)=10 n»pnn, f(x) MIpna M (1
Lg(x)= () :NwTN MYPND T
.9'(2) NN
:DONIN DPOYON DY VY (2
VTN NPNS PN . F(X) MONPND NN N
Z(x)=f (lj— f(4x+1)
X
.Z'(X) XY avn
SO =2 17D =¢ numonn T mrspna mmm 2
z(x) = f2(InX)+— L v TINPND PN
f2(Inx)
.Z'(e) NxH”IWN
2 (Vx)-1
Lg(X) = ———=— mspNo MM (3
()
. f(10) = f'10) =4 »>
.g'(100) yawn
f(1j+4
.g(x) :X—l NPNON NN (4
(%)
d@=1, f'@Q=4>n7
.g'@ »vawn
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JY1V n AYUNI IX”eXdX 712y N1OI NNON INNND (24

X J.x“exdx NN VN (25

JYav n VNI ICOS” Xdx 912y NI NNON INNND (26

) I cos* xdx NN IAWVN (27
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.Isin“ xdx NNIAVN (29

1
JYAV n AYUN] jﬁdx 712y NIOI NNON INNND (30
1

(1+x°)

’I(l;z)“dx NN VN (31
+ X

. j e cosbxdx, j e™sinbxdx D97IVPNA NN VN (32
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X

—-e"+c (1

5
X_(mx_l]H; @
5 5

XCcosX+sinx+c (3

Xe

3 3 2
Xixaax|nx=24+X 13xvc (4
3 9 2

2
—X—cos4x+l 5sinx+icos4x +c (5
4 2\ 4 16
2
—X—e“‘x+l(—lxe4‘x—ie*‘xj+c (6
4 16
xInx—x+c (7

—%(xlnx—x)+c (8
xarctanx—%ln‘1+x2‘+c 9
xarcsin X ++1—x? +¢ (10
2 2
1 X—In(x—2)—1 X—+2x+4x|n|x—2| +c (11
5( 2 20 2
xtan x+In|cosx|+c (12

—llnx—l+c (13
X X

2
arctan x-%—%(x—arctan x)+c (14

3

—In(x +1)—g X——x+arctanx +c (15
3 3( 3

(Inx) —2(xInx=x)+c (16
)+c

—llnx——(lnx 1)+c (17
X

e (sin x +cos x)

18
5 c(

—e*cos X+

g% [—cos 4X + ;sin 4xj

+c (19
c (

X+/1— X2 +arcsin x .

c (20
2
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X

+c (21

x+1
2
X(tan x—x)+|n|cosx|+X?+c (22

9 11

2(x+1)(x+2)2 -5 (x+2)2 4o (@23
x“ex—nIx”’lede (24
ex(x4—4x3+12x2—24x+24)+c (25

1 n-1 . n-2
H{(cosx) smx+(n—1)j(cosx) dx} (26

%(0053xsinx+3~5(cosxsinx+x))+c (27
1 . n- . n—
H(—(smx) lcosx+(n—1)_|'(smx) 2dx) (28

%(—sinSxcosx+3-5(x—sinxcosx))+c (29
1 X dx
il 2n-1) | (30
2n[(1+x2)"+j(1+x2)n( ! )J

1 X 1 X 1] x
- s+ 2+—{ 2+arctanx} (31
6|(1+x) 4|(1exe) 2[1+x

« asinbx —bcosbx
a’+b’

« Dsinbx+acosbx
a’+b’

, Ieax sinbxdx =e (32

122

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




GOOL

SN0 Hravw2

1 nPvnnn

NIXNN NLWI D720V - 11 214

01Myn 101N

123 NANDN DVOIVIA DYNLIN .1

www.gool.co.il
122

4—



11719

GOOL

NANDN NVIYA DIYNIVIN

NAXNN NL'WA D27V

MHNY

: DYNAN DMINVINN NX 1AYN

2X
3, 45 dx (1
J‘\/F (3 J\/x +4.-x°dx (2 j(xzﬂ)z
o I 6 [
xv1-In?x xIn* x e 11
J.—l dx (9 «Sﬁd (8 x2 3d (7
\/m je X Ie X“dX
dex (12 IX3(3X2 —1)14dx (11 f2x3cos(x2+1)dx (10
X
x2dx 3 1
[5s as [In° xdx (14 [ /1+Fdx (13
dx 2 4
18 arctan” x In® x
J‘x~lnx-ln(lnx) ( .[ 14 %2 dx (17 X (16
j o (21 JX—72dX (20 f arctan~/xdx (19
J1+e* (1— X4)
1
Ix5\3/x3+1dx (24 I\/;(H%&)dx (23 Icos(lnx)dx (22
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1
- +C 1
x2+1 ¢
5
2 (‘\/X3+4) 4 3
— ———( x3+4) +c (2
3 5 3

—Jx“+1l+c (3

arctan (ex)+ c (4
1

5

(In x)3 (
arcsm( nx)+c (6
( —e* )+c (7

3e’3&($/§ _2¥x+2)+c (8

SR
X+= |+, x+= | ==
2 2) 4

NG sin(x2 +1)+cos(x2 +1)+c (10

2_ 16 2_ 15
% (3X161) +(3X151) +c (11

In +c (9

%(In x+%sin(2ln x) +c (12

NG +l+—| ‘X +1-1
2 |1+l

x(lnsx—SIn2 x+6|nx—6)+c (14

+c (13

X4
arctan| — |+c¢ (15
(ﬁ J

UnX)" ¢ (16
5

(arctan x)’
3

N
a2

+c (17
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In|in(Inx)|+c (18
xarctan\/; —\& +arctan\/§ +c (19
—l(—i—ln‘l—x“‘}rc (20

1, [N1+e¥ -1

e 41
X (cos(inx)ssin(in) e (22

6(</x —arctan 9/;)+C (23
7 (7

7 4

+c (21

+c (24
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f(x,y)=x’Iny (2 f(x,y)=4x>-3x’y*+2x+3y (1
x’y*(\/y +5In
fO0Y) =(F+y°)-(2x+3y) (@ (f o) F(x,y)= v ({Jy +5iny)
' y*+5y+y’
2_
f(x,y)=sin(xy) (6 f(x,y):X 32y (5
X+Yy
f(r,0)=rcosd (8 f(x,y)=arctan(2x+3y) (7
f(u,v,t) =e"sin(ut) (10 f(x,y,2)=xy’z® (9

2(xy)= In(\/§+\/§) N (11

.x-a—z+ y-gzE 3NN
ox 2

(% y,z):ex(yz—%j N (12

ﬂ[o,_l,lj, ﬂ(o,_l,lj, ﬁ(o,_l,lj yaen
ox 2) oy 2) o 2

120 NN
f=~f(xy) = fxzi:fl; fy:izf2
X oy
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YD MAIvN
f, =-6x’y+3 f =12x*-6xy°+2 (1
5
fy:X— f.=5x'Iny (2
y
y4(\/y+5ln y)
f =2x—; (3
y +5y+y’
f, =6xy® +12y° +3x* f =6x>+6xy+2y° (4
¢ _ -3x+3y?-2x%y ¢ X2 +2xy° +3y s
Ly ()
f, =cos(xy)-x f,=cos(xy)-y (6
f, = ;2 f, = ;2 (7
1+ (2x+3y) 1+ (2x+3y)
f,=-rsing f.=cos6 (8
f =3xy’z° f, = 2xyz® f =y2° (9
f,=u-e" .cosut f,=u-e"-sinut f, =e"[vsinut+tcosut] (10
NN NORY (11
Q[O,—l,lj =-1, ﬂ(0,—1, —j =-2, q(O,—l, lj =4 (12
ox 2 oy 2 oz 2
150 NYN
fy= i =h f, = q =1
OX Yooy
o’ f o’ f
f=f(xy) = fxx=8X2= 11 yy_W fy
o o ¢
Yoeyax Y awey
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f(x,y)=4x* —x*y* +4x+10y (1
f(x,y)=x'Iny (2
f(x,y)=x*+y*—6xy (3
f(Xy)=x+y’ +3L-y)(x+y) (4

f(x,y)=xy(x-y) (5

f(x,y)=(x-9)(2y-6)(4x-3y+12) (6
f(x,y)=eY(x+y) (7
fxy)=e™ (X +y°) (8

oy =(x+2y?)e ) (o
f(xy)=In(1+x*+y*) (10
f(xy)=In(x*+y?) (11

f0y) =In({+y7) @2

f(x,y)=sin(10x+4y) (13

f(x,y,z)=xyz (14
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S (xy)=In(xy=x*—y*) My, f, (11) yawn (15
f(xy)= In(x2 + y2) My, f,(11) yawn (16
(% y)=PE+y? My, £, (11) awn (17
X2
f(xy)= N (18
Iny+x
0% f o* f o* f
2 (Le), W(Le), (Le) xawn
120 NIYN
of of
fX:&:fl fyZEZfZ
o’ f o’ f
f=f(xy) = fXX:¥:f11 W:W:fzz
o* f o* f
fxy = G'y@X =l fyx = 8X6y = f21
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f, =—2x*y+10 f, =8-2y f =8x—2xy’+4 (1
f, =—4xy f, =—4xy f,, =—2x°
X4
f, == f,=12x"Iny f =4xIny (2
y
3 3 4
T - F - fyy :_X_z
y y y
f, =3y” —6x f, =6x f =3x*-6y (3
f, =6 f, =6 f, =6y
f, =3y?+3-3x—6y f, =6x f =3x*+3-3y (4
f,=-3 f, =6y—6
f, =x*—2xy f =2y f.=2xy-y*> (5
fy=Tf,=2x-2y f, =-2x

f, =2[8xy—3y*-1-24x—0+57y-1+72+0+0] (6
fy=2[4x2-1—3x-2y—0—54y+57x-1+0+27+0]
f, =2[0-6x-1-54+0+0]  f_=2[8y—0-24]
f, =2[8x-1-6y—-0+57+0]
fy:exy(x2+xy+1) fX:exy(xy+y2+l) (7
f, =€ -x(X* +xy+1)+(0+x)-e” fo =% y(xy+y*+1)+(y+0+0)-e”
fy =€ -x(xy+y? +1)+(x+2y)-e”
f,=e" (X’ +y* +2y) fo=e(x*+y +2x) (8
f :e“y(x2 +y? +2x)+(2x+2)eX+y
f :e”y(x2+y2+2y)+(2y+2)eX+y

vy

X+y

f, =e" (x2 +y° +2x)+2y-e
f,=e (4y-2x*y—4y®) f=eX (2x—2x°-4xy*) (9

2

—e (—2x)(2x—2x3 —4xy2)+(2—6x2 —4y2)e’xz’y

2

XX

vy

f,=e" Y (<2y)(4y-2x"y—4y*)+(4-2x"~12y* )~

2

fy =67 (<2y)(2x-2x° —4xy2)+(—4x-2y)e‘xz‘y2
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2y 2X
f=—>- f=—7F+—— (10
Yl x4y " 1+x2+y2(
f:2-(1+x2+y2)—2y-2y _2y-2x
W (1+x°+y?) ? (1+x2+y2)2
2(x* +y®)—-2x-2x 2
- (¢+y°) ; p— f=—r— (11
(x2+y2) X2 +y X2 +y
f 0(X* +y?)—2y-2x f 2(X* +y?)-2y-2y
Xy (X2+y2)2 vy (X2+y2)2
; _2(x2+y2)_2x.2x.1 ‘¢ 2y 1 ¢ 2x 1 (12
x (X2+y2)2 3 Y oxP+y? 3 ©oxXP+y? 3
f _O(x2+y2)—2y-2x& _2(x2+y2)—2y-2yé
PO oy 3
f, =—100sin (10x +4y) f, =10cos(10x+4y) (13
f,, =—16sin(10x+4y) f, =4cos(10x+4y)
f,. =—40sin(10x+4y) f,, =—40sin(10x+4y)
f,=Y fy =2 f,=0 f,=yz (14
=X fyy:O fyX:z fy:xz
fzz=0 fzy:X fzx=y fZ=Xy
-2 (15
-1 (16
1
-—= (17
2\2
!
e e) (18
16
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NYTANN a2 N1P2N NN
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Xy
X,¥)#(0,0
(% y)={x +y° (xy)=( )mxpmnmm) 1

0 (x,y)=(0,0)
.(0,0) NTIPI2 NNAN MPIPNAN DY NPPINN MMM DX IAVN N
1(0,0) NTIPIA NN PSP ONN .2
DN NN NN PPIN NP I¥PNY DN )

3

X
R (x.y)=(0,0)
Fy) =1 +y S5¢ NPPONN MDD DN INSD - (2
0 (x.y)=(0.0)
.(0,0) NTIP12
2
(v+x*)
F(6Y) =1y ext (% ¥)#(0.0) 5y nyym5nn MmN NN NSD (3
1 (x,y)=(0,0)
.(0,0) NTpP1na
ysin x
- X, ¥)#(0,0
F(xy)={x+y (x.y)=(0.0) PNPNAN M (4
0 (x,y)=(0,0)

.(0,0) NTIPIA NN NY PNV ININ K
ANV (0,0) NTIPI2 NPPIN M MNMP DIYPNDYINDIN .2

X +y’
ez (xy)#(0,0)
X y)=1xT+y NP N (S

0 (x,y)=(0,0)
PNPNN OV NPPIND MINTNN IR VN N
1(0,0) NTIPI2 MOXT PPN DY MPIND MIIN DX .2

132 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



12 919 Gywl NPYANINIIT NPPON MNN

Xz_yz
X X y)#(0,0
f(xy)= yx2+y2 (xy)=( )mxpmn mn (6

0 (x,y)=(0,0)
Y N OOy, £ (0,0)=f,(0,0) OXNIPT X
7(0,0) NTIPIA MY MANYNN MINN O .2
Q4 ="f__ (L4) ONN .)

: fyxyxyxy XYXYXYX

nhi'n!
2 PYD 7-1 6 MORY — NPANIKIINT NIMDN NNN PN TYNNL DXODN DIININ

PID MAIVN

(0,0)NMpaaney¥IN>.a (0,00=0, f (0,00=0 .8 (1
1987 NIONA NN TPPON NPT INPND L)
f,(0,00=1, f,(0,00=0 (2

£,(0,00=0, f,(0,00=0 (3
f,(0,0)=0, f,(0,0)=0 .2 NN TORY X (4

x* +3x%y? - 2xy*
2 (x9)20.0)
Fooy)=1  (X*+y?)
1 X,¥)=(0,0
NPNINT 2 c 3( ¥)=(0.0 N (5
2y° +4x°y° = 2X
Y222 22 (xy) % (0,0)
f,(x,y)= (x +y )
0 (x,y)=(0,0)

f,(000=-1 # f,(00)=1.% (6
322 .(0,0) TP MK XY MIANWHRI MM .2
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N2 ANXINAT

MHNY

.(0,0) NTIPIY MLANIKIIIT NNTHN MPXPNON DN IPTA §-1 MHNWI

f(xy)= 2Xx2++yy2 (x.y)=#(0.0) 1
0 (%¥)=(0,0)
 (y)= (X2+y2)3in\/x2l+7y2 (x,y)#=(0,0) o
° (x.y)=(0.0)
siny Y y) (0,
f(xy) ATy (x,y)#(0,0) 5
0 (x.y)=(0,0)

4x+y
, 0,0
Fxy)=qy+ax U200

0 (xy)=(00)

t(xy)=18 T (6 Y)#(0.0) mxpnan noavoseTipTa (5
0 (xy)=(0,0)
x"siny
X,y)#(0,0
yapm, f(xy)=1x+y’ (xy)=( )]m) 6
0 (xy)=(0.,0

ITPYNIA NN TINPNN M OV OIIIWIPIN N N
ITPYNI TIPON NP 7PNPNAN M DY DIV 1IN MY .2
ITPYRID TODIANONINDT TPNPNN M DY DWW IPIN MY )
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Xy
— = (xy)=(0,0)
ap m,f(xy)=1(0¢+y?) N (7
0 (x,y)=(0,0)
ITPYNRID NN TPNPNON M DY DI IPIN MY N
ITPYNIL NPPON NP PSPNON M DY DDIWION Y .2
1TPYNID TPDANINITINT MINPNIN M DY DIV IPIN MY )

.(0,0) NTIPI2 TIANONNDT MIPNS f NN (8

f(x,y) xy=0

p(xy)= (x.y) xy NYTN TNPNY T
0 Xy <0

. £,(0,0)= f,(0,0) = £(0,0)=0 1™

.(0,0) NTIPI ANOKINT ¢ -¥ NN

zsm(XY) . (X,y,z);t(0,0,0)
6y 2)= (¢ +y? + 27 NPYAONINTIPT (9

0 (x,y,2)=(0,0,0)
.(0,0,0) NP1

\/1+||x|2 -1 -

D=9 N P oy NN, f:R" - R N (10

0.5 x=0
1x=0 NTIPIA TPDIANONNDT f OND
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JODANNNTND (1

ODANONDT (2

JODANONNTND (3

JODANNNTND (4

YN NTIPI 992 DIANINIT (5

m>2.) m>0 .2 m>1.N (6
m<0.5.) mbYoo .a m<1l.8 (7
NN TONRY (8

DODANNNT (9

)5 (10
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,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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14 P—19 th LLDONYVN MY ‘JW ﬂ’SPJWS ‘J\U ]13’17

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
7YY 5973 PIND INAN .2

, X+3y =12 N by MINSIN MTPIN 9o pan (7
I2D0PN MNYY NJAINY 1T NN INYNI

MYTIPIN DROINSD , 2X2 +3Xy =1—2y2 nmipyn Syw MmN 95 pan (8

TPYNIN JPNINY MTIPIN DX POOD1N XN DXPNN THPYRIN JPNINY
A0PN NIN DXPNN

,3X—6Y+4=0 9NN N2 IN¥PN PNIND NN INSD (9
X2 42Xy + Y2 +4y =0 no1nay
|ax, + by, +¢|

Ja?+h?

NI, ax+by +¢=0 W0 (X, Y,) NTIPIN PRI 107
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14 P9 GOOL . DINVUN MY Y IINPNG SV NP

DY NP Y ) DDA VP X IV INP OV (10
AU(Xy)=Inx+Iny >m 5y mnny, (X, Y) 5900 N80 nONN

DY 2 NPIY P PN ,NTY 1 DMNBTN MR PN
,In16 NOYIN NN PYND INSYD YAIP POWIN
JPONDIN MDY NNT HPUND 1INIYND NI

JVOUNN MY NN 1IN IND)

DVIVY WPy ) DNAIN WP X PV INP NT (11
AU(X, Y) =Xy >0y nnm (X, Y) DON N8N NN

DY 3 NPIY VP PN DY 1 OMNBDN MR PN
N7Y 12 DY SPN NTH
2T YA NN NN IND)

X2+ y? =13 2o, (y) ,O0NY,(X) ;100 P2 NN Py (12
(X, y) =4X+6Yy NN »TH
,1IDNN IMPY YY, (X, Y) = (11 ,00N) YD1 NN Wann 27

JONINY NN NN DY NOVIND NN DIPOPND NN
PYAN NN N IND)

Q=K ++L M nrxpag vy (13
.P«=2,B =10n L K 075 onnn
,(K*, L*) NPIN NN WONND XIN 100 NPION NN INSNDI 1IN

.MOYN NN DI NX2NDN
(MMNA5 XD) YINON MY NN IND)

~max{u(x,y)} st. px+p,y=1 NIDX NNN NP NMya mn) (14
PYN DY ODNIP 280 NNIND I .7YIAN DY PINN NTIP) (x*, y*) N

U +y

X- -u
PYIAN OV PNINN NTIPIA A = fy D»PNR A IR D9 IO
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14 99 Gwl L DINVN NV HY DNPN0 SY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
min(0,+1)  max(+10) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4
max(6,2) (5

max(9,36) (6

(6,2) (7

max (+1, ¥1) min(J_r 1/7,+ 1/7) (8

71345 (9

min(\/ﬁ,\/g) (10

max(6,2) (11

max(2,3) (12

min{2K +L}; K ++/L =100 (13
N2 NONY (14
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